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Lidar-Based Hazard Avoidance for Safe Landing on Mars
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Hazard avoidance is a key technology for landing large payloads safely on the surface of Mars. During haz-
ard avoidance, sensors and computing onboard the lander are utilized to detect hazards in the landing zone,
autonomouslyselect a location free of hazards, and then generate a trajectory that retargets the lander to the safe
landing site. Algorithms are described for scanning lidar (light detection and ranging)-based hazard detection,
safe site selection, and powered landing guidance designed for Mars landing.The performance of these algorithms
is quanti� ed using a closed-loop simulation of hazard avoidance, which includes a synthetic Martian terrain gen-
erator, a scanning lidar model, and the required hazard avoidance and powered landing guidance algorithms.
Preliminary results show that the proposed hazard avoidance algorithms are effective at detecting hazards and
guiding the lander to a safe landing site.

Introduction

S URFACE hazards in the form of rocks and craters exist over the
entire surfaceof Mars.1 To guaranteesafe landing,Mars landers

are designed to be robust to surface hazards. Safe landing can be
achieved by either of two design approaches. One is hazard toler-
ance, in which the spacecraft is designed to withstand impact with
whatever terrain is expected in the targeted landing ellipse; airbags
(employedby Mars Path� nder) are an example.For the large landers
currentlyunder study for the Mars 2009 and 2011 launch opportuni-
ties, hazard tolerancecan only be achievedby prohibitivelymassive
ruggedizedlanding systems. The second approach(and the focus of
this work) is hazard avoidancein which the spacecraftuses onboard
sensors to detect hazards in the landing zone, selects an alternate
landing site, and then maneuvers to the new site. One particularly
promising sensor for hazard avoidance is scanning lidar (light de-
tection and ranging). This paper describes algorithms for scanning
lidar-basedhazard avoidance and powered landing guidance for re-
targeting.

Design of a system for hazard avoidance requires trade studies
to investigate sensor requirements and mission design. Analysis of
these systemtradesis greatlyfacilitatedby simulation.An integrated
simulation tool has been developed and is described here, along
with some illustrative results from a preliminary trade study. Our
simulationcontainsfourmodules that interactaccordingto the block
diagram shown in Fig. 1.

Mars Terrain
Topographic terrain data are needed to model the hazards (rocks,

cliffs, craters) likely to be encountered during landing. A large
databaseof high-resolutionMartian terrain is not available,and so a
method for synthetically generating realistic terrain is needed. Be-
cause the results generated from the simulation will be useful only
if the underlyingterrain is realistic,we take advantageof an existing
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method for generating Martian terrain that is based on geophysical
processes.2;3 The terrain is generated by populating an initial sur-
face, which comes from coarse orbiter topographydata, with rocks
and craters in a way that models the aging of the Martian surface.
Once generated, the terrain is interrogated by the lidar model to
generate measurements of surface topography. A reduced resolu-
tion rendering of a nominal Martian terrain is shown in Fig. 2a.

Scanning Lidar
We have designed our hazard avoidance algorithms to use data

from a scanning lidar because it is the terrain-sensing instrument
base lined for the large Mars lander mission currently under study
at the Jet Propulsion Laboratory (JPL). A scanning lidar senses
the three-dimensional topography within its � eld of view by raster
scanning a pulsed laser beam across the targeted surface. When
the time of � ight of the laser pulses re� ected from the surface is
measured, the range to the surface can be determined for each scan.
When combined with measurements of the angular position of a
mirror that directs the scan, a three-dimensional point or sample
can be generated for each laser pulse. The output of the lidar is
a cloud of three-dimensional points that convey the topography of
the scanned surface. Assumed parameters for a landing lidar are a
10 £ 10 deg � eld of view with 10,000 samples scanned in 1 s and a
maximum range of 2 km with a range resolution of 2 cm. We have
builta modelof a lidar into our simulationthat incorporatespointing
errors and range sensing errors due to measurement noise, as well
as pulse stretching by the scanned terrain. The lidar model uses
ef� cient ray tracing algorithms from computer graphics to generate
10,000 samples in less than 1 s, and so it can be used for real-time
simulation of landing. The samples generated by the lidar model
are output to the hazard detection and avoidance algorithms that
compute safe landing sites.

Hazard Avoidance
A particular patch of terrain presents a hazard to the spacecraft

during landing if the slope of the patch is too steep or the patch
contains rocks or other protuberances that are taller than a certain
terrainheight.To determinequantitativelyif apatchis hazardous,the
slope and terrainvariationover the patch must be measured.We have
developed algorithms that estimate the location of surface hazards
given scanning lidar data. These algorithms build an elevation map
from lidar samples, estimate local slope and roughness using the
elevation map, and then determine areas that exceed constraints
on surface slope and roughness given the footprint of the lander.
Images of nominal parameter maps are given in Fig. 2b. Of the
remainingsafeplacesto land, the hazardavoidancealgorithmselects
the location with the minimum slope and roughness. This new safe
landing site is then passed to the powered landing guidancemodule
that uses it to compute a trajectory to the new landing site. A safe
landing map with previous and new landing sites selected is shown
in Fig. 2c.
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Fig. 1 Block diagram for
simulation.
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Fig. 2 Hazard avoidance simulationvisualization:a) terrain and lidar
scan, b) parameter maps used to detect safe landing sites, and c) safe
landing site map with hazards shown in dark gray, safe zones shown in
light gray, previous landing sites shown as a black X, and the selected
landing site shown as a +.

Powered Landing Guidance
We use an algorithm for powered landing guidance that can re-

target at any time to a new point speci� ed by hazard avoidance.Our
guidancealgorithm,adaptedfrom that � own on Apollo, transfersthe
lander from any current state (position and velocity) to touchdown
in two phases, called approach and vertical descent. Each phase has
a target point where the position, velocity, and acceleration are all
speci� ed. The approach-phasetarget is 5 or 10 m directly above the
landing site, and the vertical-descent-phase target is on the surface.
Specifying zero for the horizontal components of target velocity
and accelerationcauses the lander to arrive at each target point with
zero transverse velocity and in an erect attitude, regardless of any
maneuvering en route to avoid hazards. The vertical componentsof
approach-phase target velocity and acceleration are chosen to pro-
vide a fuel-ef� cient transfer with a safe thrust margin and a vertical
rate at the target that is the same or close to the constant value � own
in the vertical-descentphase. In the vertical-descentphase, the lan-
der descends at around 1 m/s until the engines are shut off upon or
just before contacting the surface.

Initially the lander is traveling along a predetermined trajectory.
Each time a lidar scan is taken, hazards are detected and a (possi-
bly) new safe landing site is selected. This site is then passed to the
guidance module, which computes a new trajectory to the desired
landing site. This process is repeated until the lander has landed
safely on the surface. The next section describes the (minimal) re-
lated work in the area of hazard detection and avoidance, and the
rest of the paper describes in detail our algorithms and simulation
for lidar-based hazard avoidance.

Related Work
All unmanned planetary landing systems to date have followed

the mechanical hazard tolerance approach to safe landing. Only re-
cently has there been interest in autonomous hazard detection and
avoidancetechnology,and so related work is limited to preliminary
studieson the viabilityof differentapproachesto safe landing.In the
early 1990s Charles Stark Draper Laboratory conducted a study to
design a hazard detection and avoidancesystem for NASA Johnson
Space Center.4 Their design for a hazard detection and avoidance
system utilized a passive imager and a laser scanner to detect haz-
ards in a two-stage approach. In their approach, candidate landing
sites are � rst selected with a passive imager by � nding regions of
minimum intensity variation. These sites are then scanned with a
higher resolutionlaser sensor to � nd the landing site with minimum
hazards. To motivate the need for safe landing technology, Charles
Stark Draper Laboratory also conducted a study of the Viking I and
II landing sites that showed that the probability of landing failure,
given a three-legged lander, was as high as 20% (Ref. 5).

The system presented in this paper utilizes the same basic con-
cept of safe landing as that presented in the Charles Stark Draper
Laboratory report, but the components used in our simulation are
more realistic, which results in a more complete simulation. In par-
ticular, input into our algorithm are the terrain maps generated by
up-to-date methods for generating synthetic Martian terrains, the
lidar model used in our simulation models the range detection elec-
tronics used in a real sensor, our hazard detection and avoidance
algorithms measure slope and roughnessindependently(as opposed
to a coupledadjacentpixel measurements),our hazardavoidanceal-
gorithms � nd all safe landing sites in the terrain,and � nally the loop
is closed around sensing by using an adaptive guidance algorithm
that recomputes trajectoriesafter each retargeting.

A process for generating hazard sensing and avoidance require-
ments has been developed by Halbrook et al.6 Their study showed
that a there is a tradeoff between hazard toleranceand hazard avoid-
ance. In their assessment of hazard detection sensors, only scan-
ning lidar/ladar sensors were found to be effective at detecting both
roughness and slope hazards. This assessment supports our choice
of a lidar as the hazard detection sensor used in our simulation. Al-
though scanning lidars are very effective hazard detection sensors,
they do have limitations in terms of maximum range and spatial res-
olution when compared to passive imagers. Recent work has shown
that is it possible to ef� ciently assess landing site safety in terms
of surface roughness and slope using a passive imager and onboard
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processing of pairs of images.7 Given this new capability, future
studies are needed to compare the hazard detection performance of
scanning lidar and passive imagers.

Synthetic Terrain Map Generation
A requirement for any landing simulation is a physically accu-

rate model of the landing surface. This model must contain enough
� delity that the sensor models that interactwith the surface can pro-
duce measurements that are realistic. The simulation described in
this paper uses a sophisticated environment for modeling Martian
terrain that has been developed at JPL over the last decade.2;3

The terraingeneratorsoftwarebuildsMartian surfacesby sequen-
tially applying geologicalprocesses to the surface. These processes
are realizations of the models used by planetary geologists to de-
scribe the surface of Mars. Of particular interest to safe landing is
the statistical model for rock size and density. In our simulation, the
user has control over the rock density parameter, and so terrain of
varying dif� culty for landing can be generated.

The terrain generatorbeginswith an initial coarse surface.Fractal
surface generation is then used to � ll in the terrain. This fractal
surface is then acted on by a crateringprocess and a rock generation
process. These processes can be repeated to generate a surface that
has the appearanceof one that has been created over time. The user
has complete control over the terrain generation parameters, so that
surfaces of many types can be generated.

The Martian surface terrain generatorhas been implemented on a
128-nodeSGI supercomputer.The interface to the terrain generator
is a terrain server. The safe landing simulation requests a piece of
terrain of a particular size, resolution,and rock density from the ter-
rain server. The terrain server then partitions the generation of the
terrain into multiple parts and passes the computationally intensive
terrain generation off to multiple processors on the supercomputer.
The terrain pieces are generated,and the terrain serverputs them to-
gether and sends the complete terrain to the simulation.An example
of a synthetically generated terrain is given in Fig. 3.

Lidar Model
The safe landing simulation requires a model of a scanning lidar

so that realistic lidar measurementscan be generatedfrom synthetic
terrain.This model shouldalso be computationallyef� cientso that it
can be used in real-time simulations.To this end, we have developed
an ef� cient high-� delity model that emulates the physicalprocesses
within a time-of-� ight dual-axis gimbaled mirror lidar.

Fig.3 Examplesyntheticterrain mappopulatedwith craters and rocks
(image intensity scaled from high to low).

Principal of Operation
A lidar, when pointed at a surface, measures the range to this sur-

face using laser light. A common range measurementprincipalused
in long-rangelidar is time of � ight; a laser pulse is emitted, the pulse
is re� ected from the surface, and the time of the returning pulse is
recorded.This time is then converted to a range measurement using
the speed of light. Because the laser beam has a � nite divergence
(angular width), the laser beam will be re� ected from a patch of
the surface, and a continuum of ranges will result (pulse spreading).
The actual range measured by the lidar will be the range at which
the integrated return light energy passes a threshold de� ned in the
detector electronics.Usually this threshold is de� ned in terms of the
signal to noise of the measurement.

A scanning lidar emits a continuous stream of laser pulses, and
opticsare used to sweep the laser beam across a scene. Often single-
or dual-axis gimbaled mirrors are used to direct the laser beam. In
this case, a scanning lidar measurement, called a sample, consists
of the detected range to the surface and the measured angular posi-
tion of the mirror(s) when the laser pulse was emitted. Mirror en-
coders are not perfect, so that noise will be introducedinto the angle
measurements.

A scan pattern de� nes the angular position of each sample. Mod-
i� able parameters of a scan pattern are type of pattern, for example,
raster or spiral, the angular spacing between samples, and the � eld
of view of the scan.

A parameterized function of mirror kinematics is used to convert
each sample into a three-dimensionalpoint in a Cartesiancoordinate
system attached to the lidar. The result is a set of three-dimensional
points that convey that shape of the scene being scanned.

Measurementnoise will be introducedinto the three-dimensional
points generated from lidar samples in multiple ways: range error
from the integration of ranges within the footprint of the laser and
range detector noise, mirror angle measurement noise, and errors
in mirror kinematics parameters. A high-� delity model of a lidar
should take all of these noise sources into account. Currently JPL
is building a time-of-� ight dual-axis gimbaled mirror lidar. For this
reason, a model of such a sensor has been developed for the sim-
ulation described in this paper. First, the ef� cient model used to
generate range measurements given a lidar beam direction will be
described. This will be followed by a descriptionof the model used
for laser beam scanning.

Range Measurement Model
Input into the range measurement model is a terrain map, a three-

dimensional ray (origin and direction) describing the true direction
of the laser pulse impinging on the terrain and the divergence of the
laser pulse.

To account for the divergence of the laser, the pulse is modeled
as bundle of rays centered on the pointing direction of the laser
pulse (Fig. 4). A portion of the energy in the laser pulse is given
to each ray, and each of the rays is intersected with the terrain map
(described subsequently) to get a range. To model the integration
of laser energy occurring in the lidar detector, the energies of the
rays are added in order of range (closest to farthest). When the
cumulative energy exceeds a threshold, the range at that energy is
the ideal detected range. Detector noise is introduced by adding a

Fig. 4 When laser pulse is modeled as bundle of rays, effect of pulse
stretching can be simulated.
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Gaussian distributed range error to the ideal range, and this is the
output of the range measurement model.

The most computationally expensive portion of the lidar model
is ray tracing: intersecting a ray with the synthetic surface to de-
termine range. To alleviate this problem, an ef� cient ray tracing
algorithm has been developed for ray/terrain map intersection. Let
a ray be de� ned as r.t/ D [rx .t/; ry.t/; rz.t/] D a C bt with origin
a D .ax ; ay; az/ and direction b D .bx ; by; bz/, kbk D 1. First, the
maximum zmax and minimum elevation zmin in the terrain map are
determinedbefore ray tracing. Then for a given ray, the intersection
of the ray with the maximum and minimum elevation planes are
given by r.tmax/ and r.tmin/ where

tmax D .zmax ¡ az/=bz; tmin D .zmin ¡ az/=bz

Suppose the syntheticterrainmap T .r; c/ has width H and sampling
between grid cells of S; then a three-dimensionalpoint x D .x; y; z/
can be projected vertically into the grid cell .r; c/ in the terrain map
using the operator P.x/,

P.x/ D P.x; y; z/ D .r; c/ D .y=S C H=2; x=S C H=2/

As shown in Fig. 5, the intersection of the r.t/ with the terrain
map must occur along the line segment in the two-dimensional
row/column space of the terrain map between

P[r.tmax/] D .rmax; cmax/; P[r.tmin/] D .rmin; cmin/

To � nd the intersection, a search along this line segment and ray
is used. The search starts at the grid cell .rs; cs/ D .rmax; cmax/ and
ray position r.ts/ D r.tmax/, where T .rs; cs/ · rz.ts/. The elevation
at each grid cell T .rs ; cs/ is compared to the ray elevation rz.ts / at
that grid cell until the grid cell where T .rs; cs/ > rz.ts/ is found. At
this transition, the ray has passed though the terrain map, and so
the intersection has been found. Linear interpolation between the
intersection and previous ray points and terrain elevations is used
to get a subgrid cell estimation of terrain map elevation zi at the
intersection,and zi is converted into a range ½ using

½ D .zi ¡ az/=bz

The procedure for ray intersection is used to get a range for all rays
in the bundle describing the laser pulse. The energies associated
with the rays are summed from closest to farthest, and when the
cumulative energy exceeds a threshold, that range is the error-free
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Fig. 5 Intersection of a ray with a terrain map: a) ray intersects a
terrain map along a segment and b) elevation view of the search for the
ray/terrain map intersection.

range for the pulse ½n . Next, a Gaussian error G.¾½/ is added to
½n to simulate detector noise. This range is then discretized to the
resolution of the range detection electronics ±½ to get the range
measurement ½.

Scanning Model
The scanningmodel is fairlysimplebecauseit models the pointing

of the laser during scanning using a two-axis gimbaled mirror. The
angles of the mirror are (µ; Á). The scan model has parameters for
� eld of view f , resolution n (number of samples within � eld of
view), and scan pattern. Currently the model only supports raster
scans.

For a raster scan, the � eld of view and number of samples within
the � eld of view create an array of equally spaced angles (µn; Án )
that de� ne the direction of the laser beam for each sample. Because
pointing of the mirror is not perfect, the actual mirror angles will not
be exactly the same as those de� ned by the scan pattern. This effect
is simulated in the scanningmodel by adding a Gaussian distributed
offset G.¾µ ; ¾Á / to each (µn; Án ) pair to get (µoff; Áoff). Together
(µoff; Áoff) and the position and attitude of the lidar determine the
ray that is used to generate range for each sample. To model sam-
pling of angle measurements by the mirror encoders, (µn ; Án ) are
discretized to the angular resolutions of the encoder (±µ ; ±Á) to get
the measuredangles (µ; Á). The discretizedanglesand the measured
range constitute the lidar sample (½; µ; Á) output for each pointing
angle. The lidar samples for all angles in the scan pattern constitute
the output of the lidar model for a single scan.

In summary, the range measurement model has multiple para-
meters including the divergence of the laser pulse d , the number of
rays used to model the pulse, the link analysisparametersof the laser
beam used to set the threshold on return laser energy (laser power,
pulse width, etc.), the detector error added to the measured range
¾½ , and the range resolution±½ of the detector.The parameters input
into the scanning model are � eld of view f , number of samples
within � eld of view n, the pointing error distributionG.¾µ ; ¾Á /, and
the mirror encoder sampling (±µ ; ±Á).

Computational Issues
It takes less than 50 ¹s to intersect a ray with a terrain map on

a 174-MHz R10000 SGI O2 workstation. For a 100 £ 100 sample
scan with 1 ray per sample, this takes 0.5 s, which is suf� cient for
real-time simulation given that the JPL lidar under development is
being designed to take a 10,000 sample scan in 1 s. With greater
� delity in the range measurement model, for example, 10 rays per
sample, a scan can be generated in 5 s. Obviously, a model of this
level of � delity cannotbe run in real time, but it will be usefulduring
of� ine Monte Carlo simulations.

Hazard Avoidance Algorithms
The inputs to hazard avoidance are lidar samples and a vector

describing the geodetic normal of the surface, both in sensor coor-
dinates.Also input are the safe landing parameters: lander diameter,
maximum lander incidenceangle, and maximum surfaceroughness.
The hazardavoidancealgorithmsprocess these inputsto selecta safe
landing site. Hazard avoidance takes part in three stages: elevation
map generation,hazard detection, and safe site selection.

Elevation Map Generation
Elevation map generation is the process by which range samples

are projectedintoagrid to forma two-and-one-half-dimensionalsur-
face representation (regridding). Scanning laser range� nders gen-
erally have spherical or perspective projection models. Also, scan
patternsare not always regular raster scans; spiral and triangle scans
are common when minimizing scanner power. Nonlinear projection
models and irregular scan patterns create an irregular sampling of
the surface. If the range samples are used directly,a time-consuming
hazard detection algorithm that accounts for the irregular spacing
between samples is needed. However, by resampling the range sam-
ples from each scan to a regular grid in Cartesian space, hazard
detection can be accomplished by applying � xed local operators to
the resampled grid. Resampling greatly simpli� es the underlying
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algorithms and data structures, so that a more ef� cient algorithm
results.

An elevationmap is a function Z .r; c/ that encodes surfaceeleva-
tion on a regular grid. To generate an elevation map, the horizontal
size of each grid cell, s; and horizontal extent, h, of the elevation
map must be determined. As shown in Fig. 6, these parameters can
be determined from the scanner � eld of view f , the average of scan
samples across the scene n, and the average range to the scene being
imaged R. In general we set these parameters as follows:

h D 2R tan. f=2/; s D h=n (1)

With these settings, the elevation map will cover roughly the same
extent as the scanned data and each grid cell will contain approxi-
mately one sample.

Once the elevationmap parameters are established,the procedure
for elevation map generation is as follows. First, each range sample
is converted from scanner angle and range coordinates to Cartesian
coordinates (x; y; z). Next, the .x; y/ coordinatesof the sample are
used to determinethe � oatingpointcoordinates.r; c/ that the sample
projects to in the grid cell,

.r; c/ D .y=s C h=2; x=s C h=2/ (2)

The coordinaterelationshipbetween sensorand elevationmap coor-
dinates is shown in Fig. 6. In general.r; c/ will fall between discrete
grid cells; thus, to prevent aliasing, bilinear interpolation is used to
update the elevation map. Two arrays are used to perform bilin-
ear interpolation:the elevation accumulator E .r; c/ and the bilinear
weight accumulator W .r; c/. For each sample, the four grid cells
surrounding .r; c/ are updated using

p D r ¡ brc; q D c ¡ bcc

E.r; c/C D .1 ¡ p/.1 ¡ q/z; W .r; c/C D .1 ¡ p/.1 ¡ q/

E.r C 1; c/C D p.1 ¡ q/z; W .r; c/C D p.1 ¡ q/

E.r; c C 1/C D .1 ¡ p/qz; W .r; c/C D .1 ¡ p/q

E.r C 1; c C 1/C D pqz; W .r; c/C D pq (3)

where b c is the � oor operator. After all samples have been accumu-
lated, the elevation Z at each grid cell is determined using

Z.r; c/ D E.r; c/=W .r; c/ (4)

Because of the irregular sampling by the scanner, it is possible that
a grid cell did not have a sample projected into it and consequently
does not have an elevation value. For ef� ciency, it is important that

Fig. 8 Hazard avoidance maps; for incidence angle surface roughness
and safe landing maps, dark gray indicates hazard, light gray indicates
safe, and white indicates unknown or partially safe.

the elevation map be free of holes, especially near the center of
the map. A simple interpolation scheme is used to � ll any holes.
First, hole cells are detected by � nding cells that do not have an
elevation but are surrounded by cells with elevation. Next, each
hole cell is assigned the average elevation of all neighboring cells
that have elevation values. When this process is repeated until all
hole cells have an elevation value, the holes in the elevation map
are � lled incrementally.Figure 7 shows a typical range scan and an
elevation map after hole � lling. Figure 8a shows an elevation map
(as a contour map) constructed for a 400 £ 400 sample raster scan
of synthetic Martian terrain.

Hazard Map Generation
The next step after generating the elevation map from the lidar

samples is the generation of landing incidenceangle and roughness
maps thatwill be used to select safe sites for landing.To achievethis,
the surface must be separated into two components: the underlying
smooth surface from which landing incidence angle is computed
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and the rocks and pits embedded in this surface from which surface
roughnessis computed.First the low-frequencysurfaceis computed;
deviations from this surface are then determined by subtracting it
from the original elevation map.

Robust Plane Fitting
Because the lander will be approaching the surface vertically,

landing incidence angle is de� ned as the angle ® between the local
surface normal n and the geodetic normal of the surface ng . Local
surface normal at a terrain grid cell is computed by � tting a plane to
the terrain in the neighborhoodof the cell; the computed local sur-
face normal depends on the size of the neighborhoodover which the
plane parameters are estimated. For safe site selection, the normal
of interest is the one that is computed with a patch that is the size
of the lander footprint because this normal will indicate the resting
angle between the lander and the surface. If the lander footprint is
L (meters) then we approximate this size in units of grid cells as
l D dL=se where d e is the ceiling operator.

A plane is represented by the equation

n ¢ x C d D 0

wheren is the surfacenormalof the planeandd is the planeintercept.
The neighborhoodof a grid cell can be representedby a set of three-
dimensional points:

N D fx1; x2; : : : ; xmg

Plane � tting � nds the best-� t plane (n; d) to these pointsgiven some
appropriate error metric. In many cases, Mars terrain can be char-
acterized by scattered rocks on top of relatively smooth terrain. The
plane that is desired for estimating local surface normal is the plane
� t to the surface in which the rocks are embedded. Given this do-
main speci� c insight, estimating the plane of the underlyingsmooth
surface is a problem best solvedby robust statisticalmethods,where
rocks are treated as outliers from the underlying smooth surface.

The robust statistical method used to � t a plane to the underlying
terrain is least median square (LMedSq) estimation. The LMedSq
algorithm uses the following principal: Three points de� ne a plane,
investigate multiple triples of three-dimensional points in N , and
eventually a triple that is free of outlier (rock) points will be found.
The number of triples t that must be investigated is based on the
expectedpercentageo of rockpointsin N and the desiredprobability
P of obtaining a triple without outliers:

t D .1 ¡ P/= [1 ¡ .1 ¡ o/3]

LMedSq estimation algorithms follow a standard form.8 The
LMedSq algorithm specialized to plane � tting is as follows. Re-
peat the following steps for t triples. First, select a triple of non-
collinear points (xa , xb , xc) randomly from N . Next, compute the
parameters (n; d) for the plane that is de� ned by the three points
using

n D .xb ¡ xa/ £ .xc ¡ xa/; d D ¡n ¢ xa (5)

Given this plane, the square plane errors ri are computed for each
of the remaining point in N :

fri g D f.n ¢ xi C d/2g

If the median of the described square plane errors is less than the
median square plane error computed for all previous planes rmed,
the current plane parameters becomes the best encountered so far
.nbest; dbest/. The process is repeated for all of the t triples. This
procedure � nds the plane that minimizes the median square plane
error, hence, LMedSq.

Next, the robust standard deviation

¾ 2
r D ..1:4826f1 C [5=.t ¡ 3/]g//2rmed

is computed.When ¾r is used,a neighborhoodpoint xc is considered
an outlier, and consequently eliminated, if

ri D .nbest ¢ xi C dbest/
2 > ¾r

LSq plane 

LMedSq plane 

outliers/rocks 

Fig. 9 LMedSq vs a priori LSq plane � tting.

The � nal step in robust plane � tting is to � t a least-squares (LSq)
plane to the remaining inlier points in the neighborhood. To � t a
plane to multiple points, we use the standard LSq plane-� tting al-
gorithm based on � nding the eigenvector of minimum eigenvalue
of the scatter matrix of the points.9

The LMedSq algorithmeliminates the points in the neighborhood
that correspond to rocks and then � ts a LSq plane to the remaining
points. If a LSq plane was � t to the all of the points in the neigh-
borhood, then the plane would be skewed in the direction of rock
points, which would reduce the accuracy of the slope computation
needed for hazard detection. A comparison of LMedSq and LSq
plane � tting is given in Fig. 9.

Map Generation
The robust plane (n; d/ D .nx ; n y ; nz; d/ � t at a grid cell

x D .x; y; z/ intersects the underlying smooth rock free elevation
zs . Here zs is de� ned using the robust plane parameters as

zs D ¡.nx x C n y C d/=nz (6)

The robust plane also de� nes the landing incidenceangle at the grid
cell,

® D cos¡1.n ¢ ng=knkkngk/ (7)

If a robust plane is � t at every grid cell, then the underlying smooth
surface can be generated by computing zs at every grid cell. Plane
� tting is a relatively computationally expensive operation. Given
the real-time requirements of landing, computing a robust plane at
every grid cell is infeasible. Furthermore, robust plane parameters
will not change drastically between grid cells, and so computing
them at every cell is wasted effort.

To alleviate the computational burden, a robust plane is only � t
to grid cells separated horizontally by the footprint of the lander
l. Furthermore, the size of the neighborhood for each plane � t is
set to a square regions centered around the grid cell of width l.
The result is that robust planes are � t to a coarse grid of cells with
nonoverlapping neighborhoods that are the size of the lander. At
each of these grid cells, zs and ® are computed. In between grid
cells, bilinear interpolation,similar to that described earlier, is used
to � ll in the gaps between grid cells. The end result is two maps,
Zs.r; c/ and A.r; c/, that describe the underlying smooth surface
and the landing incidence angle, respectively, at each grid cell in
the elevation map. Figures 8b and 8c show the smooth surface and
landing incidence angle for the elevation map (Fig. 8a).

Once the smooth surface has been generated, the roughness map
of the surface R.r; c/ is simply computed as the difference between
the smooth surface Zs .r; c/ and the elevation map Z .r; c/. Only
absolute deviations are needed to characterize roughness. Thus,

R.r; c/ D jZ .r; c/ ¡ Z s.r; c/j

Figure 8e shows the roughness map for the elevation map (Fig. 8a).

Safe Site Selection
The strategy behind the safe site selection is to generate a landing

cost map that � rst keeps the lander away from detected hazards and
then, from the remaining terrain, selects the landing site that has
minimal landing incidence angle and roughness.

Hazardmap generationcreatesmaps thatde� ne landingincidence
angle and roughnessat every grid cell in the elevationmap. With use
of the landing system constraints on maximum surface roughness
Rmax and landing incidence angle Amax, safe sites in the terrain are
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selectedas follows.First, the regionsof the terrain that are hazardous
to the lander are detected by identifying grid cells .r; c/ where

R.r; c/ > Rmax or A.r; c/ > Amax (8)

More speci� cally, a landingcost map C .r; c/ is constructed.If a grid
cell .r; c/ violates Eq. (8), then C .r; c/ is set to 1.0. Furthermore,
the lander cannot intersect any grid cell that violates Eq. (8), and so
if .r; c/ is within l of a grid cell that violates Eq. (8), then C.r; c/
is also set to 1.0. The remaining unassigned grid cells are assigned
the normalized product of landing incidence angle and roughness.

C.r; c/ D [R.r; c/ £ A.r; c/]=.Rmax £ Amax/

C.r; c/ will be at or near 1.0 around grid cells that violate the
landing constraints; C.r; c/ will be near zero for regions that have
small roughness and landing incidence angle. When the minimum
of C.r; c/ is found, the best landing site will be found. However,
in addition to minimizing the landing cost, the landing site selected
should also be near regions of similarly low cost. This concept can
be implementedby smoothingthe cost map and then � nding its min-
imum. Speci� cally, the cost map is smoothed by setting C.r; c/ to
the average of all costs in a square neighborhoodof size l centered
around .r; c/. The best safe landing site is then selected at the ter-
raincoordinate.r; c/ thatminimizes the smoothedC.r; c/. Figure 8f
shows a landing map with detected hazards and buffer zones of size
l , and Fig. 8d shows the landing cost map for the elevation map
(Fig. 8a).

Powered Landing Guidance
Hazard-avoiding landing guidance was � rst developed for

Apollo,10;11 and the guidance algorithm planned for Mars landings
is close to that of Apollo. In manned lunar landings, the commander
identi� ed landinghazardsand manipulateda joy stick to redesignate
the selected landing site to a hazard-free area of the lunar surface.
In Mars landings, hazard detection and avoidance hardware and
software take the place of the commander. Landing guidance can-
not distinguish between human- and machine-derived landing-site
redesignation commands. The most signi� cant difference between
landing on the moon and landing on Mars is that the lunar mod-
ule approached the landing site along a nearly horizontal trajectory,
whereas the Mars lander will approach the site along a nearly ver-
tical trajectory. This difference affects the guidance algorithm, as
will be explained.

Powered landing guidance transfers the lander from any current
state (position and velocity) to touchdown in two phases, approach
and vertical descent. Each phase has a target point. The approach-
phase target may be 5 or 10 m above the surface, and the vertical-
descent target is near the surface, where the descent engines are
shut down. As the lander approaches a target, it nulls horizontal
components of velocity and acceleration so that it arrives at the
target moving vertically downward in an erect attitude. The vertical
descent is at constant velocity until the engines are shut off at or
slightly before touchdown.Shutting off the engines before touching
down makes the lander less likely to tip over.

The guidancealgorithmsolves a two-point boundary-valueprob-
lem. The boundary values are the initial state and the target condi-
tions. Target conditions are the position, velocity, and acceleration
at the target point. When zero horizontal components of target ve-
locity and acceleration are reached, the lander arrives at the target
point moving vertically and erect.

To solve the two-point boundary-value problem, the guidance
algorithm � ts a polynomial between the current state and the target
conditions. Thus, the transfer trajectory is a polynomial in time. It
expresses position and its derivatives, velocity, acceleration, jerk,
and snap as functions of the independent variable time.

With time (which is zero at the target and negative en route) T ,
the positionvector and its derivatives R; V; A; J , and S, and current
and target conditions denoted by subscripts C and T , the two-point
boundary-valueproblem is expressed by

RC D RT C VT T C AT T 2
¯

2 C JT T 3
¯

6 C ST T 4
¯

24 (9)

VC D VT C AT T C JT T 2
¯

2 C ST T 3
¯

6 (10)

Both current vectors and the � rst three of the � ve target vectors
are given. The solution is the following matrix equation, which
expresses the target jerk and snap vectors in terms of the � ve given
vectors:

µ
JT

ST

¶
D

µ
24=T 3 ¡6=T 2

¡72T 4 24=T 3

¶ µ
RC ¡ RT ¡ VT T ¡ AT T 2

¯
2

VC ¡ VT ¡ AT T

¶

(11)

In terms of the target jerk and snap vectors, the current acceleration
vector is given by

AC D AT C JT T C ST T 2
¯

2 (12)

The guidance algorithm computes target jerk and snap until near
the end of the phase, stopping short of the end to avoid dividing by
powers of time as time approaches zero. It computes current accel-
eration until the end, using computed values of jerk and snap even
when they are no longer being computed. The current acceleration
is used for commanding engine thrust magnitude and direction.

This guidance algorithm solves the two-point boundary-value
problem for any value of time. For Mars landings, time is cho-
sen to produce a trajectory in which the vertical component of jerk
is constant. This contrasts with Apollo guidance in which time was
computedto producea speci� ed target value of the downrangecom-
ponent of jerk. In the Mars case, time is the solution of a quadratic
equation, and in the Apollo case it was the solution of a cubic
equation.

Simulation
The simulationties togetherall of the previouslydescribedpieces.

The simulation consists of three modules: the terrain server (TS),
the powered guidance module (PGM) and the lidar model/hazard
avoidance module (HAM). The TS communicates with the HAM
through TCP/IP sockets, and the PGM and HAM communicate
though named pipes.

First, the terrain server is started with a command to generate a
piece of terrain large enough to cover all lidar scans expectedduring
the simulation.Next, the PGM and HAM are started.The PGM starts
with an initial state and then propagates this state according to the
powered guidance equations. There are no navigation or control
errors in the simulation.

At a rate of once per second, the PGM sends a command to
the HAM to generate a lidar scan and detect the safest place to
land. This command has the position and attitude of the spacecraft
when the scan was requestedand the current landing site. The HAM
requests some terrain from the terrain server, generatesa lidar scan,
and detectshazards. If the current landing site is hazardous,then the
HAM sendsa new landingsiteback to PGM, and the PGM computes
the new trajectory to the new landing site. If the current landing site
is safe, then the HAM sends back the same current landing site, and
the PGM keeps the current trajectory. This hazard avoidance loop
repeats until the spacecraft has landed. Parameters on landing site
position, spacecraft trajectory, and fuel consumption are recorded.
If desired, images of hazard maps are recorded for each step of the
simulation as well. Images recorded for � ve steps of a safe landing
run are given in Fig. 10.

Simulation Results
To demonstrate the usefulness of the simulation and to prove the

performanceof the hazard avoidancealgorithms,some Monte Carlo
simulations were conducted. The � rst set of simulations quanti� es
the performance of the hazard detection and avoidance algorithms
for a single lidar scan. The second set of simulations investigatesthe
performance of the end-to-end powered landing system. The tests
are preliminary and will be used to design more accurate and more
robust guidance and hazard avoidance algorithms. The purpose of
the tests is to demonstrate the variety of parameters that can be
investigated with the simulation.
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Table 1 Nominal parameters for the safe landing simulation

Parameter Value

Terrain map: size 500 m
Terrain map: resolution 0.1 m
Terrain map: rock density 0.1
Lidar: � eld of view 10 deg
Lidar: resolution 100
Lidar: range error 0.02 m
Lidar: range resolution 0.02 m
Lidar: pointing error 0.001 deg
Lidar: pointing resolution 0.001 deg
Lidar: divergence 0.1 deg
Lidar: altitude 500 m
Hazard avoidance: lander base size 2.5 m
Hazard avoidance: roughness 0.5 m
Hazard avoidance: incidence angle 13 deg

Fig.10 Exampleof simulationoutput;each row corresponds to a single
step of the simulation.Note that there is a redesignation in the third row
of images.

Hazard Avoidance
Three lidar parameterswere investigatedfor theireffecton hazard

detection: lidar range detection noise ¾½ , lidar altitude a above the
terrain, and lidar resolution n. Unless otherwise stated, the nominal
parameters for the simulation are given in Table 1.

Figure 11 shows the results of the simulations in terms of safe
site detection probability, that is, the percentage of truly safe sites
that were detected by the lidar scan, and safe landing probability,
that is, the number of landing sites selected by the hazard avoid-
ance algorithm that were truly safe when compared to ground truth.
Maximizing these probabilities is desirable, although a high safe
landing probability is more important than a high landing site de-
tection probability.

The performance of hazard avoidance with respect to altitude is
poor for very low altitude. At moderate altitude, the performance
improves. Finally, at high altitude, the performance drops off. The
poor performance at low altitude is caused by the variability of
terrains used in the simulation. When at low altitude, it is possible
that the scanned terrain does not contain a safe place to land, that is,
all of the visible terrain is hazardous.This observationindicates that
it is better to make hazard avoidancedecisionswhen high above the
surface. Because the laser footprint increases with altitude, hazard
detectionperformance degradeswith altitude. This is the reason for
decreasing hazard avoidance performance at high altitude.

The performance of hazard detection with respect to scanning
resolution is as expected.As scanning resolution increases, the hor-
izontal spacing between samples decreases.This will result in more

Fig. 11 Hazard avoidance performance.

hazards being detected and, consequently, better hazard avoidance
performance.

Hazard avoidanceperformancedecreasesas range detector noise
increases. As detector noise increases, more false hazards and safe
zones will be detected, so that the probability of choosing a haz-
ardous landing site increases.

Safe Landing
Safe landing probability for a complete run of the landing sim-

ulation (multiple scans and redesignations during descent) was in-
vestigated as a function of rock density. Approximately 100 Monte
Carlo landings were performed, and the number of times that the
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Table 2 Safe landing simulation
performance as a function of rock density

Safe landing Rock
probability density

1.00 0.10
0.98 0.15
0.93 0.20

� nal landing site was safe, when compared to ground truth, was
measured. For each Monte Carlo run, the terrain scanned by the
lidar was varied. Each landing run started at 500 m with a purely
vertical velocity. The results are given in Table 2. As expected, as
rock density increases,the probabilityof ultimately landingat a safe
site decreases. However, even for a high rock density (0.2) the safe
landing probability is above 93%.

Conclusions
We have developed algorithms that process scanning lidar data

to detect hazards and select a safe landing site during the termi-
nal descent phase of Mars landing. In addition, we have developed
a guidance algorithm that generates a trajectory to take the lan-
der to the selected safe landing site. To test these algorithms, we
have developed an end-to-end simulation of powered descent with
hazardavoidance.This simulationincludesthe describedalgorithms
and high-� delity terrain generation and scanning lidar models. This
simulator will be used during design of the next generation of
Mars landers and will eventually be incorporated into a complete
12-degree-of-freedom simulation of all phases of Martian entry,
descent, and landing. Types of questions the simulation will help
answer are the following: What are the requirements for the lidar
in terms of � eld of view and maximum range? How much fuel is
consumed during landing?What control authority is needed to land

safely given certain terrain statistics. What is the probabilityof safe
landing?
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